In this paper, we give an internal proof of Rao's theorem on meromorphic functions of bounded characteristic, i.e., a proof not using uniformization.
In addition, we discuss the classification theory of Riemann surfaces as it pertains to the class 0 L of hyperbolic Riemann surfaces which admit no nonconstant Lindelδfian meromorphic functions. In particular, we show that U H B <= O L where U SB denotes the class of hyperbolic Riemann surfaces on which there exist at least one bounded MHB minimal function.
We also show that there is no inclusion relation between 0 L and OHD, n a natural number, where OHD denotes the class of hyperbolic Riemann surfaces for which the dimension of the vector lattice HD is at most n.
Finally, we generalize the F. and M Riesz theorem for i2Ί of the unit disc to arbitrary open hyperbolic Riemann surfaces.
Let R be hyperbolic and R' be an arbitrary Riemann surface.
The mapping φ\R-+R! is called a Lindelofian mapping, if for each
is convergent for φ(z) Φ a! where n{a) denotes the multiplicity of φ at a and g /t (z, a) is the Green's function of R with pole at a. If R r is the Riemann sphere, then φ is called a Lindelofian meromorphic function.
Sario and Noshiro [6] have generalized I the Nevanlinna theory to the class of meromorphic functions on an arbitrary Riemann surface and have shown that for hyperbolic surfaces, the meromorphic functions of bounded characteristic are precisely the Lindelδfian meromorphic functions. Furthermore, they have shown that a meromorphic function φ(z) on a hyperbolic Riemann surface R has bounded characteristic if and only if for each complex number α'
where φ a ,(z) and φ*.(z) are positive harmonic functions on R.
Let us now turn to the theorem of Rao. As stated in the introduction, we now give an internal proof of Rao's theorem. For the proof, we need the following lemmas.
Let Proof. Since s is singular, its quasibounded component is 0. It follows from a result in [2] that s is defined χ a.e. on Δ x and that
Since s and k b are positive, it follows that s = 0 χ a.e.
A different proof of this result can be found in [3] . In addition to Lemma 1, we will use the following, which are proved in [3] . We are now able to prove Theorem 1.
Proof. Suppose the conclusion of the theorem is false. Then for some function φ of bounded characteristic on R and two complex numbers a[ Φ a' 2 ,
for i = 1 and 2. s { and s[ are singular positive harmonic functions on R and k { is a constant.
Since φ has bounded characteristic, it is Lindelofian, and we deduce from Lemmas 1, 2, and 3 that In view of the second part of Lemma 3, this is a contradiction and the theorem is proved.
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